
    

The Debates Surrounding Social Choice 

The question of how multiple, competing, goals can be reconciled is the found 
tion of a branch of political science termed “social choice theory” or “collecti re 
choice theory,” the study of which can be traced to the writings of a collection 
of French mathematicians and philosophers of the late eighteenth century, most 
notably Jean-Charles de Borda and the Marquis de Condorcet Condorcet i 
particular was focused on the search for truth in public discourse and his most 
well-known thoughts on politics are found in his Essai sur Papplication d 
analyse a la probabilite des decisions rendues a la pluralite des voix (“Essz , 
on the Application of Mathematics to the Theory of Decision-Making”). In this 
work te proved his famous jury theorem, which says that if a group is choosing 

nw atives (e.g., acquit or convict) and if each individual member 
of the group is more likely than not to reach a correct decision, then the prob 
ability that a majority of the members of the group reach the correct decisi ; 
is higher than the probability that any individual reaches the correct decision 
and increases as the size of the group increases. This is a positive result, as it 
shows that a simple majority vote does well at producing a correct out 
when there are two alternatives and many voters.! ~ne 

However, Condorcet also realized that group choices frequently involve 
more than two alternatives, and he sought a similar result for these cas 
In playing with possible distributions of voter preferences, Condorcet, in hig 
essay, identified what is now a well-known conundrum.? Condorcet’s paradox, 
or more simply, the paradox of voting famously illustrates a problem stemming 

Condorcet was also dee ly committed to liberal causes, Inc. idir ig universa suffrag e and univer sal 

Pp : 

I li 1 io f I | | . . oye pubiic education for both men an women (along with subsidies to agricultural families whose 
children attended public school i one tonnenet p ools and could no longer provide farm labor). See Block (1998), 

* Block (1998), pp. T004g-1006. 
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from majority rule in which pairwise voting over three or more alternatives can 

lead to intransitive (or cyclic) outcomes. The paradox goes as follows: suppose 

there are three individuals (Persons 1, 2, and 3), and suppose there are three 

alternatives to be voted upon (A, B, and C). Finally, suppose that Persons 1, 

2, and 3 have the following preferences over the alternatives: 

Preferences 

A>, B>,C 

B>r,Cr,A 

C>, A>, B 

    
     

  

   Person 
   

As we discuss in more detail later in the chapter, the notation A >, B means 

that Person x prefers Ato B. With this in hand, now suppose that the above 

individuals are asked to cast pairwise votes over the three alternatives. Then, 

by the votes of Persons 1 and 3, a majority vote between A and B would yield 

Aas the winner, the votes of Persons 1 and 2 would give B a majority over C, 

and the votes of Persons 2 and 3 would yield C as the winner between A and 

C. Thus, majority voting in this case produces a cycle by deeming alternative A 

superior to alternative B, alternative B superior to alternative C, and alternative 

C superior to alternative A. Put another way, no alternative can be deemed 

“best” in terms of satisfying a majority of voters.? Situations like this in which 

the majority preference relation is cyclic on a set of three alternatives is often 

referred to as a Condorcet cycle. Conversely, an alternative that is majority 

preferred to every other alternative is referred to as a Condorcet winner. 

Condorcet’s work on voting procedures had little influence on his contempo- 

raries but was later rediscovered by Duncan Black ina series of essays written in 

the 1940s and culminating in his book Theory of Committees and Elections.4 

This work is considered to be the beginning of modern social choice theory.’ In 

the 1950s economist Kenneth Arrow independently rediscovered the ideas of 

Condorcet while working on his text Social Choice and Individual Values. This 

book, published in 1951 and for which Arrow received the Nobel Memorial 

Prize in Economic Sciences in 1972, presents Arrow’s seminal “impossibil- 

ity theorem.” Put succinctly, Arrows impossibility theorem demonstrates that 

when voters have three or more options to choose from, then any voting sys- 

tem that meets certain minimal conditions of fairness and sensibility sill fail to 

produce “rational” outcomes in some situations. More specifically, if the sys- 

tem satisfies the fairness conditions, it must necessarily succumb to instances 

in which it deems an alternative A weakly superior to an alternative B, that 

More strongly, the three alternatives are essentially indistinguishable from each other: they are 

identical in every way except for identities of the voters that support them. This example arguably 

represents the foundation of social choice because of its special combination of simplicity and 

intractability. 

Riker (1982), p. 2. Note that some people, including Charles Dodgson, rediscovered the work 

in the nineteenth century. 

Block (1998), p. 984; Black (1958) and Riker (1982), footnote 13, pp. 1-2. 
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alternative B weakly superior to another alternative C, and that alternative C 
strictly superior to A. In other words, many minimally democratic systems will 

in some situation produce an intransitive ordering of the alternatives similar t 
the cyclic outcomes that Condorcet identified nearly 200 years earlier. _ 
such ac olce theoretic concepts such as the paradox of voting and results 
Pethane chee orem have nae a tremendous impact on the study of politics, 
can be fo deen an controversial interpretation of these results 
Populion iwhick a i nam Riker s famous book, Liberalism Against 

argue that any notion of a “popular will” ‘anil ae hat peli salen is 
are ; a“p ar wi meaningless, that political decisions 
democragy hee Fran Oy csecuilibrium, and tat perhaps the only benefit of 
‘ a row bad politicians out of office. This or the idea thar there Some have termed “democratic irrationalism,”® 
meaningful way bec ces ost cannot be amalgamated in any 

a broad impact, influencing both academi . nd policymaker ro ena 
a the seat aca cs and policymakers. For example 
Chemerinsky tice fron poreword ro the Harvard Law Review, Erwin 
i i as the cornerstone of his argument that 
“In defendive she genet accllect the views of a majority in society? 

a nonvacuous popular will against attack vlee Rite o erain of Irene 
non aga attacks like Riker’s, a strain of literatur he S arisen that attempts to evade the consequences of Arrow’s Theorem. This : argues that Riker and his followers are misguided t i choice results themselves are of limited rel hese results, it os wed, 

are either empirically frei . ited re evance, These results, it is argued, 
or both, Gerry Macbien evant ased on incorrect underlying assumptions, 
exclusively on distin. ny 500-page tome Democracy Defended focuses 
that vitually every oublishede er’s arguments by attempting to demonstrate 
Theorem has bea eon scmpinica claim of a paradox arising from Arrow’s 
Theorem have “ay “escriptive "> ind moreover, that the conditions of Arrow’s 

Despite the lively intellectual deb te described en century social chae ks tal debate described above, over the past quarter 
scadewtien Pre ery asa descriptive tool has fallen out of fashion with 
results as intellect hed rave characterized the social choice impossibility 
ies payne thea ad r $, and much of social science theorizing now 
obtain? Moreen per ac ¥ erein equilibrium existence is much easier to 
ved wolecen gingly, the field has been criticized as being nonfalsifiable 

S an empirical tool.'® Arrow’s result has been described as “an 

® Gerry Mackie’s term. 
7 Chemerinsky (198 in Pi 9), P. 79, quoted in P * Mackie (coy) me 79; quoted in Pildes and Anderson (1990), p. 2124, 

2? Howeve e Jefftey Bane akan ae he subtle and cogent points raised by David Austen-Smith and 
ionshi ee Smith 4 

Banks (1999), pp, eyes) P between these types of approaches (Austen-Smith and 

'° Green and Shapiro (1994). 
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abstract limit case” that “does not describe the real world,”"* and some have 

gone so far as to claim that 

[originating in profound misconceptions about the structure of public values, the 

nature of democratic politics, and the concept of rationality itself, social choice 

theory only muddies efforts to think clearly about democracy.'* 

Taken as a whole, while few authors dispute that results such as Arrow’s 

Theorem provide some insight into what voting systems are (and are not) capa- 

ble of accomplishing, the real-world relevance of these results is less well under- 

stood and accordingly more contested. The remainder of this chapter presents 

a brief and semitechnical introduction to two of the most well-known impos- 

sibility theorems: Arrow’s theorem and the Gibbard-Satterthwaite Theorem. 

We then describe Riker’s view of the impossibility theorems, as his interpreta- 

tion is regarded by many to motivate the role of these theorems in mainstream 

political science. Finally, the chapter concludes with a discussion of the various 

criticisms that have been leveled at Riker’s arguments and at the impossibility 

results themselves. We set up these debates as a prelude to the chapters that 

follow, in which we hope to convince the reader that both Riker and his critics 

are wrong. Specifically, we will demonstrate that the social choice results are of 

real-world relevance and that the aggregation problem — the dilemma of com- 

paring and reconciling competing interests and goals — is simultaneously the 

defining problem of political science and the logical foundation for democratic 

governance. 

2.1 THE ARROW AND GIBBARD-SATTERTHWAITE 

THEOREMS 

Arrow’s Theorem and the Gibbard-Satterthwaite Theorem are two impossibil- 

ity results that are commonly interpreted as applying to systems of voting (or, 

slightly more generally, methods of preference aggregation). We will argue later 

that such an interpretation is narrower than necessary, but this interpretation 

suffices for the purposes of describing the results. Adopting this interpretation 

for the time being also facilitates our discussion of existing debates about the 

results and their relevance to democratic politics. 

The Arrow and Gibbard-Satterthwaite Theorems each take a minimal set 

of normatively appealing criteria and then formally demonstrate that these 

criteria are internally inconsistent. That is, each of the results implies that it 

is impossible for amy voting system to simultaneously satisfy the given set of 

criteria. Despite this commonality, the theorems otherwise appear at first to be 

quite different. For example, Arrow’s Theorem concerns the ability of a voting 

't Mackie (2003), p. 156. 

'2 pildes and Anderson (1990), p. 2213+
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rocedure are c i i pr \ ro produce outcomes that are collectively “rational,” where collec- 
e rationality is described in terms of a procedure satisfying various common 

Sense: tyPe Properties The Gibbard-Satterthwaite Theorem, on the other hand, 
roncerns the ability of a procedure to be immune from strategic manipulation 
by voters or ro not reward insincere voting behavior. Despite their differences, 
‘ e two resus are mathematically similar, and it has been demonstrated that 

ne two results can be derived from a more general “metatheorem” on social 
¥¢y .. . . . . 

. ABEreBAtOrs, which we discuss in more detail in the following chapter."3 
vcs present these results, some simple notation is needed. First, we will 

assume that there are two or more individuals seeking to make a collective 
neice. econ ; we will assume that there is a finite set of alternatives, or 

pol “es, un er ronsideration by the group. We will denote this set by X, and 
nea ne (to begin with) that X contains at least three different alternatives 

hird, we will assume that each pe has hi ore ew at each person has his or her own preference ordering 
er ween nacives under consideration. This preference relation is denoted >; 

t. Thus, if pe tli alternative i ened Person i likes alternative x more than alternative y, it 
ovoforenee va es ‘copie are presumed to be rational in the sense that their 

ation Is transitive: if x >; ya At 
' : and y >; z, then x >; z. Finall 

will use the te i ion ¢ vidwal preferences ws orefenn p 0 describe the entire collection of individual preferences, 
Tha ifn ¢ relations for each person in the group under consideration. 

» there are # people in our group, then p = “ To make thi ’ P= (Pty aye eey Hn) 
ake this concrete, suppose that we h; and that we have a at we have two people in our group 

Supposed a three alternatives under consideration, so that X = {x, y, 2} 
nat Person 1 stri i ytO% line eon ye, and E ctly prefers x to y and z and strictly prefers y to z 

; 1 r%) and Person 2 strictly prefers y to z and x and z to x (i.e x (ie, 
y >2%>, x). Then the prefer ence profile p characteriz : a zes Our group ¢ 
preferences of its members as follows: Broup ane me 

p= @ ~rV>7Z 
yrrz>sx 

(2.1) 

Now that we h i i oteferencns ne ae Cescribed the collection of alternatives, people, and their 
eptualizing vtec, a Shae ee can begin to consider various ways of con- 

stive choice. We will consid i . ider two different types of mecl 
nisms for generat i irst i ne veation 
nisms fo Ber ere ng a group choice. The first is termed a preference aggregation 

, ond ts a choice function. Arrow’s Theorem concerns preference 
aggregation ; i i pereg rules; the Gibbard-Satterthwaite Theorem concerns choice func- 
tions. We now briefly discuss each of tl ese tw I ore a Nes Oo € 

; 
F sentations of collective 

3 4: 
'S Reny (2001) and Eliaz (2004). 
4 - j Throughout this part of the book we presume that individual 

x >; y, then it must be the case th This i ; at not y >; x. Th 2 > of expositi ; i 
wroforence, #8 goneaand a i ym is is solely for ease of exposition. Collective 
prcferences gh a to-be-defined preference aggregation rule, need not be strict 
so that it may be the case that both x > y and yon 

preferences are strict, so that if 
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PREFERENCE AGGREGATION RULES. A preference aggregation rule takes a 

preference profile p as an input and generates a collective preference relation, 

>, over all alternatives. An arbitrary preference aggregation rule is denoted by 

f, so that f(p) => describes the “group’s preferences” over the alternatives 

when the individual preferences are as described by p. 

While we use the term “collective preference” to refer to >, it is important 

to note that > need not be transitive. As mentioned earlier in our discussion 

of Condorcet’s seminal contributions, the paradox of voting is based on a 

preference aggregation method (pairwise majority voting) that can generate 

cyclic collective preferences. A preference aggregation rule that always returns 

4 transitive collective preference relation is commonly referred to as a social 

welfare function. An example of a preference aggregation rule f that is also a 

social welfare function is the method of Borda count. 

The Borda count method, which we will denote by fp, or >,, works as 

follows. For each individual preference relation >;, each alternative x receives 

the number of points equal to the number of alternatives ranked below x 

in >;. The collective preference is then given by the ordering of the alternatives 

in terms of these points: an alternative x is weakly collectively preferred to 

another alternative y given a profile p if and only if x receives at least as many 

points as y does at p. 
For example, consider the preference profile p described in Equation 2.1. As 

there are three alternatives under consideration, Borda count works as follows: 

an alternative that a voter ranks first receives two points, an alternative he 

ranks second receives one point, and an alternative he ranks third receives zero 

points. The social ranking is then the sum of these scores across individuals. 

Thus, given the p in Equation 2.1, x receives two total points (two from Voter 

1 and zero from Voter 2), y receives three total points (one from Voter 1 and 

two from Voter 2), and z receives one total point (from Voter 2). It follows 

that Borda count ranks the alternatives y >p X >B %. 

Preference aggregation rules are appealing because what they produce — a 

collective preference relation — allows a collective comparison of any pair of 

alternatives. This is useful if one believes that preference aggregation involves 

contingencies; in some cases the group may be forced to rank alternatives before 

knowing which of the alternatives will actually be feasible. Put another way, 

the notion of collective preference facilitates an analogy between individual and 

collective choice and, accordingly, collective and individual rationality. From a 

practical standpoint, however, true preference aggregation is often unnecessary 

or inefficient. That is, while there are strong theoretical arguments in favor of 

representing group decision making as a preference aggregation rule, it is rare 

that preference aggregation rules are needed or applied. Rather, many collective 

decision-making procedures return simply a final choice. Choice rules bear a 

greater verisimilitude to such institutions, and we now turn to these. 

CHOICE FUNCTIONS. While a preference aggregation rule f takes a pref- 

erence profile p and produces a collective preference ordering over the entire
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collection of alternatives under consideration, a choice function takes a prefer- 
ence profile and returns a single alternative as the final collective choice. Thus 

while preference aggregation rules are admittedly a scholarly abstraction a 
choice function is similar to an electoral rule: individuals submit their pref- 
erences and the choice function identifies the winner. We denote an arbitrary 
choice function by F, so that the final choice when the preference profile is 
given by p is denoted by F(p) € X. We can also think of Borda count as a 
choice function, denoted by Fg. In this case, our function would return the 
alternative with the highest Borda score, breaking a tie by some arbitrary rule 
if need be."5 Referring again to the profile p described in Equation 2.1, the 
Borda count as a choice function would simply select alternative y: 

Fp(p) = y. 

only oye oe functions and preference aggregation rules are distinguished 
the individuals ve mee ease choice rules return a single alternative and 
choice functions have Se e te have preferences over the set of alternatives, 
choice mechanieme oa wing extensively to consider the effect of collective 

naling their preferences nevi ual incentives when voting and otherwise sig- 
Gibbard-Satterhwan e return to this question later when we discuss the 

the linkage between ine but it is important to consider for a moment 

function produces a sivel unctions and preference aggregation rules. A choice 

parison between each ‘e Nala: while an aggregation rule produces a com- 
the agerepati ; pair of alternatives, represented by >. If it is the case that 
‘lls OxN . we is such that there exists some y € X such that y > x for 
uniquely coptanked cue * it is also not the case that x > y, then y is the 
that aggrepation rule non oO jie) and a natural “collective choice” given 

are tied as best. or f F(p) eee i f(p) is such that two or more alternatives 
rule cannot produce , lee ic and there is no best, then the aggregation 
the coletiv decision-making procese without more structure being placed on 

tion of howe resent in jhapters 5 and 6 provides an answer to the ques- 
preference relation vate : oy (or legitimately”) translate a cyclic collective 
out the next few chanres me e collective choice. As we will discuss through- 
about the political eps t is situation characterizes the heart of the debate 
of social choice in venecal “ oT row s Theorem in particular and the theory 
to unambiguously discern ye i collective preference is potentially insufficient 
resentation of 2 “collecd a ““ icetive choice and to construct a coherent rep- 
of “pure a cov'ective will.” By bridging this divide between the output 

ggregation” (of preferences or other criteria) and the selection of a 

1s . . How one breaks ties in choice functions can h 
ual and collective behavior. However, 
to our purposes in this book. 

cant ave very important consequences for both individ- 
these issues, and tie breaking in general, are not relevant 
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final choice, our theory provides a reconciliation of the inputs of the aggrega- 

tion problem and the instrumental requirement that one policy ultimately be 

chosen. 
Given the centrality of the problem of cyclic collective preferences, a natu- 

ral next question is why one would adopt a preference aggregation rule that 

might ever produce such a thing. That is, are there reasons that one might 

choose an aggregation method that might not yield an unambiguous “best” 

outcome? Arrow’s Theorem provides an affirmative answer to this question. 

In a nutshell, any minimally democratic aggregation procedure must encounter 

some situations in which it fails to produce a coherent (or, perhaps, “well- 

ordered”) collective preference. In the following section, we turn to a more 

precise definition and discussion of how the theorems of Arrow and Gibbard- 

Satterthwaite characterize minimally democratic preference aggregation rules 

and choice functions, respectively. Before this, however, we briefly discuss the 

question of what preference aggregation rules and choice functions must take 

as “inputs.” In social choice terms, this issue is described as the domain of the 

aggregation rule or choice function. 

Preference Domains 

Recall that preference aggregation rules and choice functions are each presumed 

to take preference profiles as their inputs. The only distinction between the two 

concepts is what they produce upon receiving a preference profile.'® The set of 

preference profiles for which a preference aggregation rule or choice function 

(or more simply, a “rule”) is defined is referred to as the rule’s domain. 

A rule that is capable of considering (i.e., defined for) all possible preference 

profiles is said to satisfy unrestricted domain. In other words, as long as a choice 

function always returns a choice (or, respectively, a preference aggregation rule 

always returns a collective preference relation), it satisfies unrestricted domain. 

Of course, requiring that a rule satisfy unrestricted domain does not imply 

that every preference profile is possible. Accordingly, unrestricted domain is in 

reality simply a technical condition that is satisfied by any well-defined rule. 

Some scholars have argued in both substantive and normative terms that 

unrestricted domain concerns whether the rule can (or should) restrict the pref- 

erences that individuals may have.'? These arguments, it should be noted, are 

completely beside the point. Preference aggregation rules and choice functions 

are necessarily abstract constructions and to assert that a real-world instanti- 

ation of such a rule does not satisfy unrestricted domain is either inaccurate 

'6 It is important to note again at this point that we are using the term “preference” here simply for 

the purposes of illustration. One of our main points is that the social choice results we discuss 

apply to any aggregation problem, regardless of the substantive nature or context of the inputs. 

'? Or, perhaps, whether a rule can or should restrict the preferences that individual may claim to 

have. We return to this point, and the previous arguments we allude to here, in Section 3.2.
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or an assertion that there is some situation in which the rule “does noth- 
ing. Deferring discussion of the possible inaccuracy of this statement for the 
moment, it is important to consider how nonsensical “doing nothing” is in this 
context. It is impossible for the output of a real-world rule to “not be defined.” 
There is always something that happens after a real-world rule is given a set of 
inputs (e.g., a preference profile). Generally, the phrase “do nothing” is used to 
describe what happens when the rule makes no change to the prevailing policy. 
Regardless, some policy will indeed prevail after the rule reccives its inputs 
Whatever this policy is defines the rule. In short, unrestricted domain is trul 4 
regularity condition for the purposes of analysis. " dom inaccuracy that ofers an explanation for the debates about unrestricted 
tioned enlnn at ad ona oree between theory and empirics. As men- 
we ee imply anythin abn “ the assumption of unrestricted domain be 
rule in guesticn yeas 8 out the presumed frequency or possibility of the 
is an empirical quasann every preference profile as an input. However, this 
Section v2, thee nw niet and fofemost. As we discuss in more detail in 

one gets from restricting the set of preferenee sates hare M be cbservect 
Even more important, these argu hi  : most always ign wed the tae that apurepaticn i oe r. guments have almost always ignored the fact 
references Uline ea institutions frequently involves inputs other than 
Prot about whe Ys MOUS hs the question at hand in such empirical debates 
shacld be interpreced e satisfies unrestricted domain, Rather, these debates 
bout satishrerpa fete rms of the degree to which one should be concerned 

other democratic criteria, to which we now turn. 

Arrow’s Theorem 

Arr i i Arrow ays sae ee axioms that he argues any reasonable aggregation 
each other, that y. cle ven proves that these axioms are incompatible with 
result implies that anv as n simultaneously satisfy all four.*® In so doing, his 
or for what nurpose Eeregarion rule — regardless of what is being aggregated 
and mote specific way ms v0 ate at least one of these axioms. Put another 
administrative. oe rca y rmocratic institution, be it electoral, legislative, 
We nowy deine ach of d caracter, violates at least one of these axioms. 
irrelevant alternatives waese (our axioms ~ Pareto efficiency, independence of 

a » transitivity, and no dictator — in turn. 

Pareto Efficiency 
We begin with i ee en the venation that perhaps one of the least demanding require- 

P would seek to impose on its voting system is that a group decision 

18 It should be noted that Arrow’s original theorem { 
and non-intposition inste the retoc i WwW 

ad of he Pa i scri I common vers 1 
| Oo ondition described belo . he more ¢ 2rsior 

of the theorem presented here of the theorem I j ented here (Arrow, 1963) replaces those axioms with Pareto efficiency and 
i nger result, because it uses weaker conditions 

Arrow, 1951) used the axioms of monotonicity 
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be minimally responsive to the preferences of the members of that group. Arrow 

captures the notion of minimal responsiveness with the condition of Pareto effi- 

ciency. An aggregation rule f is Pareto efficient if whenever every individual i 

strictly prefers x to y, then our aggregation rule f generates a collective ranking 

of the alternatives that ranks x strictly higher than y. This condition rules out 

aggregation rules that, for example, always rank x > y, regardless of the group 

members’ x, y preferences. 

Independence of Irrelevant Alternatives 

The second condition Arrow required of an aggregation method is that it should 

not consider “irrelevant” alternatives when generating a ranking between two 

other alternatives. Specifically, the group members’ preferences between alter- 

natives c and d should not affect how the group decides between two different 

alternatives, a and b. This property is captured by Arrow’s second condition, 

which is termed independence of irrelevant alternatives. 

An aggregation rule f is independent of irrelevant alternatives (IIA) if for 

any two different profiles, p and p’ in which each individual’s x, y ranking 

under p agrees with their x, y ranking under p’,’? then the collective ranking of 

x and y ranking generated by f(p) should agree with the collective ranking of x 

and y ranking generated by f(p’). In other words, if something alters people’s 

preferences only about alternatives other than x and y, the collective ranking 

of x and y should remain the same. 

As we discuss in more detail in Section 3.3, IIA is the most conceptually 

difficult of Arrow’s conditions. This difficulty largely stems from the fact that 

it is a condition that applies across different preference profiles. For example, 

Pareto efficiency and transitivity are intraprofile conditions; it is possible to 

determine a violation of either of these axioms by considering a single prefer- 

ence profile. This is not the case with ITA-to determine that an aggregation rule 

violates IIA requires that one compare the output of the rule for at least two 

different preference profiles.*° 

While IIA is an abstract condition, an equivalent formulation is this: if 

any one individual’s ranking of a particular alternative under consideration 

(call it z) changes, then this change alone should not affect how the group 

decides between two other alternatives, x and y. It is important to pause for a 

moment and consider this reformulation. If an aggregation method f violates 

IIA, then there is a pair of preference profiles, p and p’ that (1) differ only 

with respect to the preferences of one individual, (2) do not differ at all with 

respect to any person’s ranking of two alternatives x and y, and (3) at these two 

profiles f generates different collective rankings for x and y. Thus, it should 

be clear that violating IIA opens up the possibility for strategic manipulation 

19 That is, for each individual i, x >; y if and only if x >; y. 

2° This interprofile characteristic is shared by the no dictator axiom discussed later. However, 

no dictator is quite transparent in both its implications and, relatedly, which aggregation rules 

violate it.
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of the aggregation process: a single individual may in some cases have the 
Opportunity to alter the ranking of two alternatives simply by misrepresenting 
his or her preferences about some other alternative. This possibility is at the 
heart of the Gibbard-Satterthwaite Theorem, which we discuss later in this 
section. For now, though, consider the following example to make the concept 
behind ITA more concrete. In so doing, we will also illustrate how and why the 
Borda count procedure violates IIA, 

Consider the following two profiles, p and p 

x> p=( 1yVr,2 io X>,2>,y 

YrizZ>,Xx p= yma maz (2.2) 

As discus i ae fo stofle clan ae count (denoted again by fy, or >a), when applied 
/, collectively ranks y above both x and z and ranks x above z: 

Yo rp X >p Z, 

Meanwhile, at p’ » at p’, Borda count ranks x above y and z and ranks y above z: 

x >" ! BOY ~B &, 

because at thi i i vcvives ane Profile * receives three combined points, y receives two, and z 
oh nd iN e€ now that if we look solely at the two individuals’ rankings 
dey oth “ two profiles look identical: voter 1 prefers x to y (x >; y) 

However a oe » and Voter 2 prefers y to x (y >: x) under both p and p’. 
> TB herates y >p x, and a ate ' sordi Borda count violates IIA.2" ’ fa(p’) generates x >), y. Accordingly, 

The fact that Bord i te i mote stsainey porda count violates IIA is in a sense the basis of some of the 
itiques of the axiom as a desideratum of aggregation methods, 

and we discuss thi i and we diseu s this debate in much greater detail in Section 3.3. Now, however, 
to the third axiom, transitivity. 

Transitivity 

Arrow’s thi ti oe 
cgeregation rule ne tasty, focuses on the ability of a preference 
if there is a tie. Ag viene wrambiguous winner, or collection of winners, 

rules and choice functions et when comparing preference aggregation 

ing x> y, y> z, and z . 1 aggregation rule that generates the social rank- 

collectively choose one altern, Hoe Particularly useful to a group seeking to 
method that does remen ane a ve rom among x, y, and z. An aggregation 

an aggregation method that a ve ic relationship is said to cycle. In particular, 

alternative when it returns ne “lie a nor provide an unambiguously “best” 
alternatives. a cyclic relationship between some or all of the 

agererati : wae “pe 
ing of the shernn tule f is transitive if it always produces a transitive order- 

atives. Thus, if f produces an ordering in which x > y and 

*" Indeed, IIA is the : s the only one rrow’s axi y of Arrow’s four axioms that the Borda method violates. 
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y > z, then it must also be the case that x > z. This condition guarantees 

that the social ordering generated by f satisfies the same rationality condi- 

tion as the individual preference orderings it was constructed from and that 

it cannot cycle. Moreover, it ensures the existence of an alternative (or col- 

lection of alternatives) that are not ranked strictly lower than anything else. 

As we discuss in more detail in Section 3.6, one can defend the desirability of 

this axiom from a number of perspectives, most notably the degree to which 

aggregated “social” preferences can be thought of as equivalent to individual 

preferences. In this light, Arrow’s Theorem indicates important normative and 

logical concerns with anthropomorphizing groups when discussing group deci- 

sion making. Deferring this discussion, however, we now discuss the fourth 

and final of Arrow’s axioms, no dictator. 

No Dictator 
Arrow’s final axiom, 10 dictator, concerns the responsiveness of the preference 

aggregation rule to the preferences of more than one person. An aggregation 

rule is dictatorial if there is one particular voter whose individual preferences 

always determine the social preference ordering, irrespective of the preferences 

of the other voters. Formally, this condition says that there exists one voter 

i, so that every time x >; y, the aggregation rule f produces a strict ranking 

x > y. An aggregation rule f satisfies no dictator if it is not dictatorial. We 

discuss defenses of the no dictator condition in more detail in Section 3.5, but 

it is useful at this point only to note how weak this axiom is. In particular, a 

dictatorial aggregation rule is completely independent of all of the inputs to 

the aggregation problem except one.** If there is even one preference profile 

and one pair of alternatives at which the aggregation does not exactly match 

a given voter’s preference ordering, then that voter is not a dictator under the 

rule.*3 

With unrestricted domain and the four axioms of Pareto efficiency, IA, 

transitivity, and no dictator defined and described, we are now ready to state 

Arrow’s Theorem. 

Theorem 1 (Arrow, 1950, 1963). With three or more alternatives, any aggrega- 

tion rule satisfying unrestricted domain, Pareto efficiency, HA and transitivity 

is dictatorial. 

2. This claim relies on individuals having strict preferences. If a dictator has weak preferences (in 

which some alternatives are tied in his estimation), then the output of the dictatorial aggregation 

rule is not defined by the dictator and may (or may not) be generated by considering other 

individuals’ preferences. 

More specifically, an aggregation rule can satisfy no dictator and nonetheless always return one 

given voter’s most preferred alternative as the collectively most preferred alternative. This point 

is important both when contrasted with the definition of a dictatorial choice function below 

and, more generally, when considering the previously discussed linkages between aggregation 

rules and choice functions.
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Arrow’s Theorem then tells us that if a group wishes to design a preference 
aggregation rule that is Pareto efficient, transitive and independent of irrelevant 
ray ge ee place no restrictions on the preferences that individuals 
wndividwal Thus amen must grant all decision-making authority toa single 
sitivity, Pareto tive enon tule that is not dictatorial must violate tran- 

cransivity no TA ney or , . And practically speaking, it will violate either 
ruled out by the widneeen only nondictatorial aggregation rules that are 
(nenerate a tie over ull no areto efficiency are those rules that are either null 
eae Thenenvo ar natives) or inverse dictatorships.*4 This extension 
and is kno Wile n-Pareto efficient rules was proved by Wilson (1972) 

wn as Wilson’s Impossibility Theorem. 

The Gibbard-Satterthwaite Theorem 

and Socenthwne no teorem, proved independently by Gibbard (1973) 
ways. First, it conte i if ‘rs from Arrow’s Theorem in several important 
rules (ie, les heerns choice unctions rather than preference aggregation 
ing of the alternatives) ° uce a single winner, as opposed to a social order- 
assume that the sah Secon » the Gibbard-Satterthwaite Theorem does not 
it considers rules (e.¢ given a “true preference profile as an input. Rather, 
individuals ballots) ae young systems) that take reported preferences, (e.g., 
there are choice functions he ine focus, in this case, is then on whether 
“sincere” ballots), In slightly lhe. ied upon to elicit truthful inputs (e.g., 
rem considers whether and be nt erms, the Gibbard-Satterthwaite Theo- 
to make collective deci w a choice function might be implemented so as 
individuale with oc isions when the preference profile must be elicited from 

Formal Gn Interest in the collective decision itself. 
strategy-prop bree te and Satterthwaite consider what is referred to as the 
entirely negates an a eoice function. A strategy-proof choice function 
two prefere y gains from insincere behavior by any single voter. Consider 

nce profiles, p and (>}, e-;), that are as follows: 

p= (may... y Hypnos Hy) 

isa “true,” or “si ” ’ incere,” preference profile, and 

/ 

(>), 0-1) = (~1, trey mh. ony ~n) 

is a pr . “incorrect” nef fom p only in that voter i reports the “insincere” or 

function F is strateg proof if Pposed to his true preferences >;. A choice 

alternative at (>! "y Mw, In every situation, p, F never chooses an 
(>},p-i) that Voter i strictly prefers to the outcome it selects 

*4 Wilson’s T ° vee . 
heorem additionally requires the very weak axiom of non-imposition. 
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at p. Formally, for a strategy-proof F, it is the case that for every p and every 

ieN: 

F(p) #% F(>!,p-i) => F(p) >i F(>j, p-i).- 

In other words, F being strategy-proof implies that no voter can ever strictly 

benefit by claiming to have preferences that are different than what they actually 

are (or more specifically, by claiming preferences >; when his true preferences 

are >;). Put less formally, honesty is always a “good policy” when voting or 

otherwise submitting information to a strategy-proof choice function. 

Note that there is a class of very simple choice functions that are strategy 

proof. One could simply choose a single voter and choose whatever that voter 

reports as his or her most preferred alternative. That voter can never strictly gain 

from misreporting his or her preferences. Similarly, none of the other voters can 

affect the chosen alternative by what they report, so they too have no incentive 

to report something other than their true preferences. Such choice functions 

are referred to as dictatorial. Note that the definition of “dictator” used in 

this theorem is modified slightly from our previous definition to accommodate 

the fact that we are considering choice functions: here, a choice function F is 

dictatorial if it always generates a collective choice that is the dictator’s top- 

ranked alternative. Gibbard and Satterthwaite demonstrate that, if at least three 

different voting outcomes are possible, these choice functions are the only ones 

that are strategy proof. In other words, there is no nondictatorial procedure 

that is strategy proof. 

Theorem 2 (Gibbard, 1973; Satterthwaite, 1975) With unrestricted domain 

and the possibility of three or more voting outcomes, any strategy-proof choice 

function is dictatorial. 

From the perspective of choice functions as representing voting systems, the 

Gibbard-Satterthwaite Theorem proves that the possibility of strategic voting, 

or voting against one’s true preferences, is endemic to every nontrivial voting 

system. While the scope of this result is surprising (in that it tells us that 

there is 20 nondictatorial voting system that is nonmanipulable), it should 

not be surprising that individuals frequently have incentives to cast insincere 

ballots in elections. In the plurality system frequently used in elections in the 

Unites States, for example, supporters of third-party candidates often have a 

perceptible incentive to vote for their favorite major party candidate because a 

vote for a third party may be considered a “wasted vote.” 

The profundity of the Gibbard-Satterthwaite Theorem is more easily seen 

when one adopts a more general interpretation of choice functions than as mere 

voting systems. In particular, when one abstracts from individual preferences 

and conceives of the “preference profile” as a profile of objective information 

about different criteria that the choice function is designed to use when selecting 

a final outcome, strategy proofness can be more easily reinterpreted as requiring
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me choice function to respond to the criteria in a way that is, for lack of a 
better wor d, anil to each of them. In other words, nothing in the Gibbard- 

a waite Jheorem restricts its applicability to voting or electoral systems. 

Implications of the Theorems 

r j r 

ong cescribed oth Arrows Theorem and the Gibbard-Satterthwaite The- 
processes? After all tha a het do these theorems tell us about democratic 

and, indeed, from vrechuicl i vemse ves are purely mathematical statements 
forward application of hae ndpoint, each isa relatively simple and straight- 
this abstraction ibues che a opie. Nonetheless, the stark clarity provided by 
ply put, the theorems ae cone usions with the rarefied quality of truth. Sim- 

one’s perception of the value or lack ‘hereof, of hose rose nerds ce ely on how one chooses to inte, me ‘i , of these results depends entirely 

For the remainder of tl S ‘ that argue that Mee ea his chapter we discuss several strands of literature 
“Genewl Possibilit. The e€ optimistic name Arrow gave to his theorem — the 

Arrow is a fundamental. nn x the social choice enterprise as pioneered by 
at odds with exck he y nope ‘ss endeavor.?5 Although these literatures are 
argue that they both ek. an | int eed one arose as a refutation of the other, we 
One strand argues tha ‘co ar conception of successful democratic choice. 

preferences of members of society, conceived of as the amalgamation of the 

results; another argues that democr: yi possible because oF the social choice likely to be of ces. acy is possible because these results are not 
y to be of real-world relevance. We argue that both approaches are wrong — 

that democracy 1S IT ipf Pp i y ecause ] the far reaching rele vance 
a leant ul recisel b aus i . "poy: 

° of the impossibility theorems. 

2.2 RIKER AND THE ARBITRARINESS OF DEMOCRATIC CHOICE 

pany pean a eralisi Means Populism in a chapter titled “Different Choices 
throughout che ner ana am Riker discusses various voting systems used 
different voting systems elect es that, for many profiles of preferences, 
sensible one (otherwise wy 1 mu different outcomes. Each of the systems is a 
that these systems yield Wane ht not expect it to be widely used), and the fact 
we might expect that a diferent putcomes is not entirely surprising (otherwise 
important or meanin fal a on’s choice of electoral system is not a particularly 
and sensible procedures ce) At the same time, the fact that different fair 
same set of vote, A n produce different outcomes when applied to the 

S troubles Riker because it implies that real-world voting 
outcomes cannot be reg. [ d a tr 1 amat 

za de { as ue < 
i 

and accurate ¢ malg 10nS of voters’ 

*5 Sen (2012), p. 263. 
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Taking this fact as a starting point, Riker goes on to make the stronger 

claim that even if an unambiguously “best” voting system was agreed upon, 

the aforementioned impossibility theorems prove that we still cannot take its 

output as any meaningful reflection of the popular will. As discussed earlier in 

Section 2.1, Arrow’s Theorem implies that if the (nondictatorial) rule satisfies 

the “fairness conditions” of Pareto efficiency and independence of irrelevant 

alternatives, then it must produce intransitive outcomes; essentially, it must 

cycle.*® Riker argues that this conclusion implies that any outcome produced 

by a “fair” electoral system is meaningless. 

Second, the Gibbard-Satterthwaite Theorem implies that this agreed-upon 

system faces a potentially even bigger hurdle than the possibility of cyclic out- 

comes: it would not be able to elicit the truthful preferences of voters and would 

always be susceptible to situations in which voters faced a strategic incentive to 

misrepresent their preferences by casting “insincere” ballots. Thus, real-world 

voting outcomes cannot be regarded as accurate amalgamations of voters’ pref- 

erences because the voting systems themselves have no way of eliciting what 

those preferences actually are. Riker argues that because social amalgamations 

of individuals’ preferences are meaningless, a populist conception of democ- 

racy in which voters’ preferences are translated into social outcomes, such as 

through a direct vote, is “absurd.”*7 Rather, the best we can hope for is what 

Riker terms a liberal democracy, in which voters may not see their wishes 

translated into outcomes by their leaders but are free to vote their leaders out 

of office. 
This is clearly a provocative argument, and it is an argument that has per- 

vaded the study of social choice theory to such an extent that many scholars 

equate Riker’s counterdemocratic interpretation of the impossibility theorems 

with the field of social choice itself.*8 In this sense, social choice theory as a field 

has come under fire as undermining the normative appeal of democracy itself. 

It is not surprising, then, that Riker’s work has spurred a widespread effort by 

democratic theorists to defend democratic ideals in the face of this attack. If 

one takes Riker’s argument seriously and takes his interpretation of the social 

choice results to be correct, then an obvious line of defense is to discredit the 

impossibility theorems themselves. This is an avenue that many of these critics 

have taken, and we discuss these critics in the sections that follow. 

Another line of criticism has come from the positive political theory com- 

munity, the establishment and development of which Riker himself played an 

26 Jt should be noted (and Riker notes} that transitivity is a sufficient condition to ensure that an 

aggregation rule does not cycle, but it ts not a necessary condition. A necessary and sufficient 

condition is that the rule be acyclic. When Arrow’s Theorem is extended to include this broader 

class of rules, his dictator condition is weakened to the existence of an individual who can veto 

certain decisions. 
27 Riker (1982), pp. 238-239. 

28 See Shepsle and Bonchek (1997), Mackie ( 

Democratic Theory,” and the citations therein, 

2006)’s “Reception of Social Choice Theory by
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instrumental role in while at the University of Rochester in the latter half of the 
zoth century. These critics argue that Riker’s argument contains several log- 
ical inconsistencies. Coleman and Ferejohn (1986) summarize these criticisms 
succinct, noting that two crucial parts of Riker’s argument are, first, that all 
(populist) democratic procedures produce arbitrary outcomes, and second, that 

ations on the power of elected officials produce less arbi- 
tray outcomes. The problem with the former claim is that it is not true; many 
aucnoss rave shown that Certain institutional constraints can shrink the set of 

€ policy outcomes considerably.3° The problem with the second claim is 
that Riker provides no theoretical ground for the argument that liberal institu- 
While ne nore whale we iss arbitrary than do populist institutions}? 
omita further diwwet an ec y with these critiques of Riker’s argument, we 
different tack, That in ny ease our own criticism of Riker’s argument takes a 
sibility reeule ues wl € we agree that Riker’s interpretation of the impos- 

intended target for various reasons, we believe that 
a di I 1 erp ft Clal c ce re ts | c 

ffere it inter retation o he so ial l OI resul 5 provides Vmore effecti ec 
refutation of Riker Ss conclusions 

4 . we sy +> 2.3) MACKIE’S DEFENSE OF DEMOCRACY 

In Demoer . . notions of democteey Rik Gerry Mackie argues that by rejecting populist 
everyone means by dome er rejects democracy itself because “[w]hat almost 

defending democracy a mia AS what Riker calls populist democracy.”33 In 
to accomplish a single weeks Ket 8 particular school of thought, Mackie aims 
fair amaleamation st ASK: to demonstrate “the possibility of the accurate and 
hinges ema n of opinions and wants.”34 And because Riker’s argument 

Satterthwaite tiene the impossibility theorems of Arrow and Gibbard and 
of nearly every claim made ke y undertaken by an exhaustive denouncement 
to have little o» ne mace OY tose authors, Thus, if these results are shown 
preference amalpamatinn lative once of their own, Mackie argues, then fair 
from the possibility of As possible, and then Riker is wrong. How one moves 

itty of fair amalgamation to the implementation of fair amal- 
gamation is a different questi ¢ wwe w 10t pa ¢ y 

on but ne th t ill is i 
° : . < e 1 see 1S no articul irl 

difficult to resolve given Mackie Ss argument. 

*2 Amadae (2003), p. 169. 
3° See Shepsle (19 s ‘ 979), Banks (1985), Mille i x 

thee 985), Miller (1977), Miller (1980), and McGann (2006), among 

3! Colem: fore! " Coleman and Ferejohn (1986), p. 8 
* In colloquial terms i 1S. ay ye om 1 
heen a eeimene ene can describe many of the prior positive political theory critiques of 

$i ‘ cah, but...” objections creas we believe our criti 
assertive "na" vate, ; jections, whereas we believe our critique to be of a more 

33 [bid., 
4 [bid, 
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In an attempt to negate (or, perhaps, neuter) the impossibility theorems 

Mackie, point by point, argues that each criterion of fairness or sensibility 

used in the theorems is in some way misguided as a desideratum of preference 

amalgamation. Arrow’s Theorem tells us that with an unrestricted preference 

domain, every aggregation rule that is Pareto efficient, independent of irrel- 

evant alternatives, and transitive is a dictatorship. Mackie argues that there 

is no reason to think of unrestricted domain, Pareto efficiency, independence 

of irrelevant alternatives, or transitivity as necessarily desirable properties of 

voting rules. Therefore, there may be many sensible and good procedures that 

violate one or more of these conditions and that are nondictatorial. 

More specifically, what is wrong with the axioms? While Mackie focuses in 

large part on independence of irrelevant alternatives and unrestricted domain, 

Mackie’s critique of unrestricted domain is arguably the heart of his argument. 

More than half of the book’s nearly 500 pages is dedicated to the notion of the 

Condorcet cycle (i.e., the “paradox of voting” discussed earlier). Specifically, 

Mackie attempts to debunk every empirical claim of a real-world preference 

cycle, many of which were originally forwarded by Riker. The possibility of 

cycles forms the basis of Riker’s argument that democratic politics is mean- 

ingless, as a majority preference cycle occurs only if pairwise majority voting 

generates an intransitive outcome. If cycles do not occur in practice, then pair- 

wise majority voting is capable of yielding an unambiguously best outcome 

consistent with the majority will. Accordingly, Mackie argues, the absence of 

majority rule cycles implies that a coherent and meaningfully populist concep- 

tion of democracy is possible. Mackie’s principal “defense” of democracy, then, 

involves demonstrating that majority preference cycles do not occur in practice. 

Establishing that majority rule cycles do not occur in practice requires that 

one demonstrate that the realized distributions of individuals’ preferences in 

society are (or at least tend to be) “restricted” and possess a common structure 

so as to yield a Condorcet winner. Put another way, one must show that, in 

a specific sense, there is never too much preference heterogeneity or diversity. 

Put another way, preferences must be similar enough to guarantee that there 

is a “best” outcome in the sense that it is preferred to every other alternative 

by a majority of voters. A standard restriction that implies the existence of 

such an alternative is that preferences satisfy a single-peakedness condition. 

We return to this condition later, but for now it can be described as requiring 

that the collection of alternatives essentially differ from each other along one 

identifiable dimension (e.g., policies can be ordered along a liberal-conservative 

axis, each individual has a favorite spot (or “ideal point”) on this axis, and each 

individual dislikes policies that are increasingly liberal or conservative, moving 

away from the individual’s ideal point). Mackie (and others, to be discussed 

later) argue that there are many reasons to think that peoples’ preferences are 

restricted in one of these ways. Essentially, these reasons come down to the fact 

that people “live in the same world and have similar interests in that world;
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for example most prefer prosperity to torture of kittens to suicidal nuclear 

war. 5 If preferences are sufficiently homogenous, then Condorcet cycles may 
not exist, and the practical import of Arrow’s condition of unrestricted domain 
is negated. This is important because Arrow’s Theorem implies only that ay 
aggregation tule satisfying Pareto efficiency, IIA, and no dictator will violate 
transitivity at some configuration of preferences. If a rule produces undesirable 
outcomes only in situations that will never occur in practice (i.e., preference 
Peable th do nor occur empirically), then, at least in practical terms, it is 

3 i such a violation should not be viewed as a criticism of the rule. 
Satterth rate ne proofs of the theorems of Arrow and Gibbard and 

catterthwai Thea) related. For example, the proof of the Gibbard- 
vo show thar an mi so everages the presumption of unrestricted domain 
to strategically ny rererarorial voting rule offers individuals an incentive 
conclusion is ches me sent their preferences. As with Arrow’s theorem, the 

osits that some wet incentive exists “at some preference profile.” If one 
Gatterthwaice Thonn’ profes do not occur in practice, then the Gibbard- 
point. In particule hecon usion may be irrelevant from an empirical stand- 
incentive fot stenec _ ne are nondictatorial choice functions that induce no 
be restricted ca nz BN anisrePresentation if (stated and) revealed preferences can 

Taken asa whole, sof ac ma cyclic majority preference relation. 
the conclusion thee rs une he relevance of unrestricted domain can lead to 

exists a voting system th . y na a majority will exist but also that there also 
tives, Mackic’s tater at can elicit it: majority voting over all pairs of alterna- 
ems can thus be aeration ofthe Arrow and Gibbard-Satterthwaite Theo- 
translate individual’ nc ie as ollows. Attempts to directly and meaningfully 
because, in general preferences into a collective choice will not necessarily fail 
exists an outcome ae leek erence cycles do not exist. In general, there 
an outcome exists, mane wenn e “majority will,” and moreover, when such 

Of cource the wean, Orin systems will be able to discover it. 
empirically 2 ridicnlons at t at majority preference cycles will zever occur 

either rare or inconue is fae ie acknowledges this but asserts that they are 
when a cycle doce sea entia . vere important, perhaps, Mackie suggests that 
or plurality rule can al a vs € usting voting rule such as the Borda count 
fact that any tlt tS e ued. While such a rule does not remedy the 

voters as being inferior to some other atone Ne MA eee heehee will provide a m t ie mative, Mackie argues that the rule 
easure of stability to the political process and will, hopefull 

produce an outcome with a broad degree of support.37 ue 

35 Ibid, 
36 Ibid, 
37 While our go i al here . goal here is not to refute Mackie’s arguments per se, it is important to note that 

Mackie’s suggesti e is i win ane 'ggestion here is unsatisfactory for several reasons. Most important, as described 
, J ns of Riker were partially founded on the fact that the choice of rule will 

The Debates Surrounding Social Choice 31 

2.4 ADDITIONAL REBUTTALS BY DEMOCRATIC THEORY 

Although Mackie provides what may be the most comprehensive critique of the 

countermajoritarian interpretation of social choice, other democratic theorists 

have tackled Riker’s objections from different angles. 

Deliberation and Structuring Preferences 

One strain of democratic theory, exemplified in work by Habermas (1987), 

Miller (1992), and Dryzek and List (2003),38 argues that the process of delib- 

eration provides a route around the dilemmas raised by the impossibility the- 

orems. Similar to Mackie, these authors take aim at Arrow’s condition of 

unrestricted domain. However, unlike Mackie, who argues that the condi- 

tion is prima facie incorrect in most situations, these authors argue that the 

deliberative process works to alter individuals’ preferences in such a way so 

as to induce “preference structuration,” or change. That is, as opposed to 

positing that preferences are initially restricted so as to yield an unambiguous 

“collective preference,” this line of thought suggests that deliberation gener- 

ates (or, “structures”) individual preferences so as produce such a collective 

preference. 
Dryzek and List (2003) provide one particularly clear account of the process 

of structuration, whereby deliberation produces consensus at least on a single, 

underlying, and shared dimension of conflict, if not on which alternative should 

be chosen. When this type of structuration occurs, the resulting preferences can 

satisfy the single-peakedness condition described earlier, and pairwise majority 

voting will not be susceptible to cycling. Thus, these authors argue, the impos- 

sibility results can be reconciled with “populist style” democratic voting when 

democratic procedures have a deliberative aspect. 

Rejectionist Critiques 

Another group of scholars, whom Mackie terms the “rejectionist democrats,”3? 

argues that social choice theory as an intellectual endeavor is meaningless on 

its own merits and, more provocatively, that both the substance and ensu- 

ing interpretations of the impossibility theorems pose a threat to democracy 

itself. 

in effect be a choice of the outcome in such situations (e.g., when there is a cyclic majority 

preference relation), there is no guarantee that any two “cyclebusting” rules such as Borda 

count or plurality rule will return the same choice. Accordingly, to argue that one should use 

a cyclebusting rule to deal with majority preference cycles, one is forced to suggest which rule 

should be used or at least the rule that should be used by the group to choose which rule should 

be used to select which policy should be chosen. 

38 Ibid. 
39 Ibid.
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Pildes and Anderson (1990) offer a critique in this vein, beginning their 
attack on social choice theory by asking: “...does the formal logic of social 
choice theory truly compel us to abandon the search for collective decision 
making processes that are both fair and rational; must we relinquish the effort 
to find meaning in our collective actions?”4° To prove their assertion that the 
answers to both questions are “no,” they critique what they claim are the 
underpinnings of social choice theory: in particular, the notion that individual 

preferences, the inputs to the Arrovian aggregation rule, are “consistent” in 
the sense of being transitive. This is because to suppose that individuals have 
transitive orderings of the alternatives under consideration is, in Pildes and 
Anderson’s words, to suppose that individuals seek “the maximization of some 
single value...”4' And this cannot be the case; individuals seek to maximize 
multiple, potentially competing, values, and “as individuals actually ex serience 
these values, they do not rest on a single scale and cannot be reduced to 
comparisons along a single, shared dimension.”42 Without transitive inputs 
there is no reason to expect collective choices to be transitive, and thus, they 
mmevningle s Theorem is seriously misguided to the point of being totally 

are ae ne Be of Pildes and Anderson’s argument is fatally flawed,#3 we 
mplete agreement with many of their claims. Similar to 

them, we betieve that the incommensurability of values may lead to irresolvable 
cons a The tense contlits pose particular challenges to democratic gover- 
polities as being. in oan ee ha enges, we similarly see the role of democratic 
earn ‘in Ps ) involve not Just choices but the reasons behind 
aaraene impossibiliy dhe unlike Pildes and Anderson, we argue that it is 

heorems that give impor i é Arrow’s Theorem tells us that, in the face of these resolvable cratic “lone cratic proceaures must do more than simply select a best outcome, as such an 
must legitimate then he in such cases, it follows, democratic procedures 
nroducr of popular wil. a basis other than being the unambiguous 

ree as Mildes and Anderson do, that the impossibility theorems are irevane > ow crstanding of democratic politics because a richer theory 
vie tlacahe impossibility thence eoreant selection effect. In particular, argu- 
. . . re “ institutional rules and practices are critical reenable deca norms 8 he 

4° Pildes and Anderson (1990) »P. 2127. 
41 Ibid, p. 2214. ’ 
# Ibid, 
43 Ibid, 

44 Ibid, p. 2166. 
45. Pildes ape Pildes and Anderson (1990), p. 2166, and quoted in Mackie (2003), p. 35 
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meaningful or coherent ...”4° misses the most crucial point: these results pre- 

cisely and elegantly indicate why such norms, rules, and practices are required 

to produce meaningful and coherent democratic outcomes. In other words, if 

the impossibility theorems were indeed irrelevant and an unambiguous “best” 

social choice always existed, then a richer theory of institutions and collec- 

tive choice would not be needed. The theory we present in Chapters 5 and 6 

acknowledges and leverages this logical step as it presents an explicit social 

choice-theoretic notion of legitimacy. 

Similarly, counter to the views of Pildes and Anderson, we argue that social 

choice theory is particularly well suited to studying value pluralism and incom- 

mensurability.*? Value pluralism is, after all, captured by the assumption and 

utilization of the presumption of unrestricted domain. Particularly, when one 

notices that the impossibility theorems are about aggregation in the abstract 

and does not rely in any fashion on a linkage with individual or social “prefer- 

ences,” the imposition of IIA is exactly an acknowledgement of incommensu- 

rability.#® In other words, Arrow’s framework embraces the premise that the 

criteria to be aggregated are incommensurable, regardless of the nature of the 

criteria themselves. 

In sum, Pildes and Anderson’s arguments mirror those discussed earlier in 

focusing too narrowly on one particular interpretation of the impossibility 

results. Furthermore, arguments about the impossibility theorems that rely 

on the presumption that inputs to the aggregation problem need be individual 

preferences are fatally flawed. Of course, such a presumption is not inconsistent 

with the results, but it is logically incorrect to ascribe or deny substantive 

importance to the results themselves on the basis of such an interpretation. 

On the other hand, our interpretation — which we develop in the follow- 

ing chapter — is wholly consistent with many of the arguments forwarded by 

Pildes and Anderson. Indeed, we believe that our approach productively for- 

malizes and enhances many of their arguments. Similar to the match between 

our arguments and those of Riker, our approach comports with that of Pildes 

and Anderson in structure and starting points but yields entirely opposing con- 

clusions. As noted earlier, we will argue in the following chapter that Arrow’s 

independence of irrelevant alternatives condition captures precisely the kind 

of value incommensurability with which Pildes and Anderson are preoccupied. 

Moreover, the theory of legitimate choice we present in the second half of 

the book focuses exclusively on the linkage between collective choices and the 

reasons supporting those choices and does so within a purely social choice~ 

theoretic framework. 

46 Pildes and Anderson (1990), p. 2200. 

47 Ibid, pp. 2143-2166. 

4® We return to this point in more detail in Section 3.3.
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2.§ RIKER AND HIS CRITICS: UNLIKELY ALLIES? 

In the end, we believe that Riker and many of his critics ask very little — indeed 
too little — of democracy. To Riker, democracy is a “second-best” system in 
which collective choices do not necessarily reflect anything meaningful about 
the values of the societies they govern. Democratic procedures simply ler peo le 
throw the really bad politicians out of office. While democratic institutions and 
procedures may enable collective decision making, they can confer no legiti- 
macy to the resulting decisions themselves. To Mackie, democratic procedures 
are, in a very real sense, irrelevant. Because the preferences of individuals in 
society are structured so similarly in terms of either what people explicitly want 
or at least in terms of how individuals perceive the issues under consideration 
there always exists a best outcome, and all we ask of democracy is to find it, 
Mackie argues that many reasonable systems are capable of finding such an 
outcome — in which case, problem solved; democracy is easy. The deliberative 
democrats argue ina similar vein that the process of deliberation induces pref- 

prance structuration and thus returns us to Mackie’s world in which there is a 

dems very different view than Mackie, Riker, and the deliberative 
sneaninafal Y rguing that it is the possibility of cycles that makes democracy 
me net t he act that there may be no best decision, that any choice we 
make ¢ me ways pe deemed inferior to other possible choices on the basis of 
critert a Society Collectively deems relevant and important, is precisely what 

cratic decision making challenging and significant. Our argument 
ears some similarity to Anthony McGann’s argument that Riker’s critics yield roo much, that all of these individuals presuppose that the widespread existence 
crengthens demenn Cemocracy However, McGann argues that cycling 
with the erin es ae muse the existence of cyclic preferences coincides 

lose on different issue dimensions; delibe ition and componhe wilt wee 
as winners acknowledge than thas oe iberation and compromise will ensue 
not to be auickhy enon y must compensate losers sufficiently so as 

lot ti quickly undermined themselves.5° McGann argues that institution 
limiting cycling, and majority rule cycling in particular should be vi as suspect because they necessarily advantage ce tai i dividh als and 3 ternal es over others. Majority rule, as a princi le 's the unique ae ane voce a is procediirally frir. ‘hed » aS a princip e; Is the unique decision process that 

ocecurally fair. Ihe downside of majority rule, McGann acknowledges. i that it fails to produce a unique outcome, oes ann? respecns ne ind MeGann § argument reasonable and persuasive in many 
pects, Juestion remains: How can an outcome ~ one that was selected via majority rule for example — be justified as a legitimate social choice when other outcomes clearly dominate it via the same majority principle? Here McGann is 

4? McGann (2006), p. 74. 
5° Miller (1983) and cited in Mackie (2006), p. 9. 
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less specific and says that the set of outcomes attainable via majority rule can 

be narrowed to the uncovered set, and that particular choices “... will result in 

part from bargaining.” 5' While we agree that the impossibility theorems tell us 

that one should not hold out hope of a single, best social choice, our response 

to this is more in line with that of Pildes and Anderson: the possibility of cycles 

necessitates an approach to collective decision making in which reasons, or 

explanations, play a central role, Intransitivities arise when for any decision 

A, there is some other decision B that dominates it. Accordingly, justifying (or 

legitimating) the selection of A requires the provision of a rationale not only 

for the selection of A but also for the failure to choose B. In Part II of this 

book, we present a theory in which reasons or explanations along these lines 

are treated as a fundamental aspect of legitimate democratic governance. 

To our knowledge, Democracy Defended represents the most comprehen- 

sive critique of the “Rikerian” interpretation of social choice and provides, 

along the way, particularly damning indictments of each of Arrow’s axioms. 

These indictments synthesize decades’ worth of arguments made by numerous 

scholars against the real-world relevance of the social choice enterprise. By 

nature of its scope and the tone and the pointedness of its attacks, we feel that 

the ball is now in our court, and we dedicate the following chapters to our aim 

of defending Arrow’s axioms against the charges leveled at them and to show, 

counter to Riker’s claim, that the impossibility results are wholly consistent 

with a meaningful conception of democratic choice. We do this through the 

best means we know how: through the use of social choice-theoretic concepts, 

tools, and arguments. Ultimately, our interpretation of the impossibility theo- 

rems is intended to motivate our own theory of democratic decision making 

that follows in the second part of the book. 

51 McGann (2006), p. 210.


